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IIpoxatopkTiKa.

[Mapaxdtw dtvetan mepiinmrikd n VAN ¢ EvkAeidelog INewpetpiog Tov Zyoikov Bipiiov g
A Avkelov péypt v 106mTa TV opboyoviov Tprydveov. Adym Tov Tl 01 TOPUTAVE EVVOLEG
elvatl yvootég and 1o Nvuvdoio, mpoteivetal | d1dackaiio va yivel amd avTég TIG ONUELDCELG
o€ 4 M 5 dwaktikég mpec. [Ipoteivetan emiong n emiAvon ackNoewv o€ 3 S1OUKTIKEG MPEC.

KE®AAAIO 1. AZICMATIKH OEMEAIQXH THX EYKAEIAEIAYX TEQMETPIAX

o Ilpotapykés évvorec. Xtmv Euvxieideia Teopetpio Eexwvdpe omd €vvoleg mov
TPOKVTTOLV GUEGH OO TNV EUTEPIN Lag, OTMS Ot £Vvoleg onueio, evbeia, eninedo, Tig
omoieg deyopaote Ywpig dAAeg devkpivnoels. Ot £vvoleg avTég AEYOVTOL TPOTOPYIKES
EVVO1EG.

o Aliopota. Or TpoTopyIKES £VVOLES DTOKEIVTOL GE O1APOPES TOPASOYES, OTMG :

V' Amo dvo onueia Siépyeton povodikn vbeia.

v To kéOe gvbeia vapyel TovAdyiotov éva onpeio Tov emmédov mov dev ovAKeL 6
VTN V.

v’ Kdbe gubeia £yl dmeipa onueio kot exekteiveTol aneptdpioTo. Kot Tpog TG dvo
KaTELOVVGELS YWPIg SUKOTES KO KEVAL.

Ioyvpiopol 6mwg o1 mopamdve yivovior Oektol g oAnbeilg ywpic amddelln ot

Aéyovtan aSliopota.

e  Opropoi. eivar véeg évvoleg mov opilovton pe Pdon maiadtepeg EVVOLES KOt TPOTACELS
oL £Y0VE OmOOEiEeL.

o Ilpotdoseig, Ocwpfipora, mopicporta. Eival ioyvpiopol mov amodetkvbovral pe ypron
TPONYOVUEVOV TPOTAcE®Y Kot oSopdtov pe t Ponbewr tov Kovévav g
MobOnpatikng Aoyikng.

KE®AAAIO 2. TA BAXIKA N'EQCMETPIKA XXHMATA

Eninedo. Enpeio. EvOeia.

Etvon mpotapyikég évvoteg. T A

e To eminedo ocvuPoAriletar cuvnbmg pe €vo ke@aAaio « //X
YPappO, .. 1o eminedo I1. “ B (®

e Ta onueia copPoiilovtar pe kKeQoAaio YPOUUOTOL. T.Y. .

ta onueia A, B, T, A.
e M evbeio umopel va ovpporotel pe tpelg tpoémovg ; H evbeion AB, n gvbeia (), n
evbeia xy.

Hpmerineoo, nuievdeio, v00ypappo tpfqpo.

e To mweninedo (AB, K) meprhapfdaver v gvbeio AB xot
Ola to onpeio Tov gmmédov mov Ppickovtal TPog To 1d10
pépog pe 1o K.

v Tanwernineda (AB,K) xat (AB,A) Aéyovton avtikeipeva nerinedo.

e Av O eivan onueio g gvbeiog xy, TOTE ONUIOLPYOLVTOL X

dvo muevbeiec Ox ko Oy. Emopévaog n nuevbeio Exet \5\




apyn Ko dgv €xel TEAOG.
e  Ounuevdeieg Ox kot Oy AEyovTon OVTIKEIHEVEC.
e Av A, B givar dvo onpeia mg gvbeiag (), tote 10 €0OVYpappo Tuua AB mepilappavet

ta onpeia A, B kot ta onpeia g (€) mov Ppiokovror petacy tov A, B.

Avo guBVypoappo Tpupato Adyoviot ica 0tav To €vo pUmopel pe KOTAAANAN petaxivnon va
OLUTEGEL PE TO GALO.

v' To onueio M Ayetan péco tov AB étov MA=MB. A \

v Av 10 £00. tufqua TA Oewpndei g povada kat eivar B
AB = p-TA, t161¢ 0 mpaypotikog apOpog p Aéystor  p—mn
unkog tov AB kot supPorileton pe (AB). A

I'ovia, kopt YoOvia, pn KvpTH YOVia, O1(0TONOS YOViaC.
Bewpovpe dvo Nuievbeieg Ox, Oy pe Kown
apyn O. Av ot Ox, Oy dev givan avtikei-
peveg, tote to eminedo ywpiletar 6e dvO
HEPN, TO KLPTO Kol TO U1 KVPTO.

e  To xvptd péPog £xel TNV O10TN-
ta : Av A, B givar dvo tuyaia
onueio Tov, TOTE OAOKANPO TO
evd. Tuqua AB meptiapBdverot
o€ QTO.

e To un xuptd pépog €xel v W10 TA : Mmopovpe vo Bpodue dvo onueia I', A,
tétowo ®ote to €vh. tunua I'A va unv mepihappaveton o avtd. Zovnbwg pe tov
Opo ywvia evvoolE TNV KLPTH Yovia.

e To xuptd pépog Aéyetar (Kuptn) yovia ko To pn Kuptd pEPog AEYETAL Un KLpTh
yovia.

y

e SvpBotopdc: xOy, O, &.

o Avo yovieg Aéyovion ioec Otav 1 o pmopel pe KatAAANAN petakivion va
OLUTEGEL LE TNV GAAT).

e  H nuevBeia Oz Aéyetat 61(0TOHOG TNG YOViog xéy otav v yopilel og dvo ioeg

yovieg, dnA. xOz = z@y.

EvO¢io yovia, pnoevikn yovia, TAnpng yovia
, ’ ’ r X
e  Oewpovpe TG aviikeipeveg nuievdeieg Ox, Oy. Tote \9\
oynpoatilovtar dvo nuernineda. Kabévo amd avtd y

ovopdleton gvbeia yovia. 0
o Oewpovpe 11 TavTLopeveg nuevdeieg Ox, Oy. .Avtéc \x
oynpotilovy o Kuptn Ko po un kopt yovie. H xopt y

ovopdleTon undEVIKY yovia Kot 1 pn Kupty ovoudlerol
ampnes yovia ( xOy ). e

Op01 Yyovia, kGOeTeg gvOeiec.
o Bewpovpe v gvbeia yovia
xéy Kol TN Or(0TOUO NG &
05. Kabepio and 11¢ ioeg 0
yovieg x08, BC)y ovoudle-
tor opOn yovia (ocvpPo-



Mouog :10)
O popeig v mhevpav pog opOng yoviog ovopdlovror «kdbeteg evbeiecy (cupfo-
Mopog €, Le,).

Agvkodoven. Avti yua 1o, pmopodpe vo Aépe 6tLn opdy yovia eivar 90°.

Evlcio yovia. Mo yovio mov ot mhevpég g eivor avtikeipeveg /Q/B
s . , . , o
nuevBeiec Aéyetar evdeio yovia (ko eivon fon pe 20 1 180°. A

Oc&eia ko apPireia yovia.
Bewpovpe v 0pHn yovia xéy .
e H xvpt) yovia ZOx mov givon HKpOTEPN TNG 0pONC
Aéyetan o&gla yovia.
e H xvpm yovia Z0x mov eiva HEYOADTEPT] TNG
opOng Aéyeton aupireio yovio.

Amndéotaon onueiov andé gvbeia.

Oewpovpe gvbeia (€) Ko onueio A ektdg g gubeiag. Ao 10 A
eépvoupe 10 kaBeto gvb. tunua OA mpog v (€). To pnrog (OA)
tov OA ovopdletal «amdotacn tov onueiov O and v (€)»

Meooka0etog evOvypappov TppaTog

Oewpovpe 10 gVBOYpappo Tupa AB kat to péco tov M. Ando M
eépvoope Vv (¢) L AB. H evBeia (¢) Aéyeton «uecokdabetog tov
AB».

E@&lilg, oopminpopoTiKES, TOPUTANPOUATIKES KOTOKOPVONV

yoviec.
® Avo yovieg Aéyovtal pelng 0tav £(0VV KON KOPLOT, KON
TAEVPA KOl KovEVO AALO Koo onueio (m.y. xéy = y@z ) 4\
e Avo yovieg Aéyovtor CUUTANPOUATIKESG dTav Exovv dBpotoua

1. (SnA. 90°).

® Avo yovieg AEyovTol TOPOTANPOUOTIKES OTAV £xovV GOpot-
opa 20 (SnA. 180%).

e Avo yovieg Aéyovtor KaTakopveV 0TV 01 TAELPES TOVG
givar avd dvo avtikeipeveg nuievdeieg , (my. @, ¢ )

Ozopnpa. O KawKopU(pnv yovieg eivar ioec. (Amddgiln : Me Pdon to mapandve cynua

&eovpe O+x0y'=180° k. ¢+xO0y'=180°. Apa sivor
d+x0y'=9+x0y' < @=0). y

Ozopnpo. Ot 610TOHOL dVO KATAKOPLPNY YOVIOV &ivar g 1 2 5
owtucsiusvsg n msv@sisg o




A A

N nA Ao - x0 ~ x0
yovidv xOy, xOy’. Tote 505=0, +yOx+0, (1). AMé O, == 2y ko O, :%.’Erm

n (1) yiveron : S'OSZXSY +y'6x+ X_C2)y_ :2x0y

+yOx =x'0y +yOx =180°. Apa
096, 06" avtikeipeveg nuevdeieg.

@s(bpnuu 0]} 81x0r()u01 dvo S(pséﬁg Kol napanknpmuarmd)v YOVIDV 8{vou Kdearag

xOy, yOz . Tote

N
A y ’

A - A O Oy + 180° /
5on=50y+yon=ﬂ+5 X y2yOz —=90". Apa 5. ;
etvar 06 1. 0% X N z

(0]

Kvkhog, T0E0, yopon.
Kvkhog pe kévrpo O ko axtiva p Aéyetal To €Minedo oyYNLO TOL OTOIOV M
ol ta onueio anéyovv and 10 O amdotaomn ion pe p. Agyduaote Ot 0
KOKAOG elval pia KAEGTN Ypoappr| xopig dtakomeég kot Keva. Evag kokAog pe
kévtpo O kot aktiva p copforileton pe (O, p)

ToEo, yopon. I
Ag Bewpficovpe évav kokho, kévipov O kat §00 onueio Tov A, /\B I,

kol B (ox.41a). Ta onuela avtd yopilovv tov KOKAO 6€ VO I,
puépn. To éva Bploketar oto nueninedo 111, mov opilel n evbeia 0
AB, kot to dALo oto T12. Kabéva amd ta pépn avtd kéyewt T0E0

A

TOL KUKAOL pe akpoa A kot B kot oquothrou ue AB. I'a va

elpaote mo axpiPeic avapepdpacte ota T0En ATB kot AAB.
To gvBuypappo tuqua AB (ox.41B) mov opileton amd ta axpa A, B A
evOg T0E0L ALyeTaL YOPOT] TOV KUKAOV.

To povadikd kédBeto Tunua OK (oy.41P) mov dyetar and 10 KéEVTpo O E ‘
Ppog TN Yopon AB Aéyetan amdsTnpa TG YOPOTS. AN~
Mua xopd1 Tov S1EPYETAL OO TO KEVIPO TOL KUKAOL AEYETOL OLAUETPOG

TOL KOKAOV.

Mio yovio Aéyeton gxikgvTpn OTOV 11 KOPLON TG €lval TO KEVTPO
evog KOKAov, .y, n xOy eivon pia enikevtpn yovia.
O mhevpég TG TEUVOLVY ToV KOUKAO ota onueia A kot B. To t6&o

AI'Bmov mepiéyeton 610 €6MTEPIKO TG YOViag Kol Exel dKpa Ta
A, B Aéyeton avrioToryo 1650 g snu(svrpng yoviog. Emiong, Aépe

6t N enikevepn yovio AOB Baiver oto ATB.

Xoppaon : Métpo td&ov eivar to péETPo NG avtioTorng enikeEVIPNg A " B
yoviag, dn. (/ATB) = (AC)B). \ /



KE®AAAIO 3. TPIT'QNA

A
Kvpuo kon dgvtepedovta otoyeio Tpry®vov.

o Kvpa otoyeio tov tprydvov eival ot mhevpdg AB = v, BI' = a, Y B
I'A = B ko o1 yovieg A, B, T.

e AgvutepevovTa GTOLKEID TOL TPLYDVOL £ivol Ot O1d eSO, Ot Ot 0- b A o '
TOUOL KO TOL DYT).

¢ Atbpecog tpry®vov ovopdletot To e08VYPAUIO TUNHA TTOL £)EL M A
Gxpo po KopuEN Kat To HEGO TG amévavtt TAevphs : AK =p ,

e 'Yyog eivor 1o K@GB€TO B K r

gu0Oypappo TUAUO TOV A A A

dyetor amd TNV KOPLON E E oployvio
pog TV evbeia g ané- l )
. z A / r E
vovTl TAeVpas : AA =, T‘- N B =
AT K A
BE = v, , I'Z= v, B r appruydvio .- r
o&uydvio hhy . Z B Z

e Ayotopog eivar 71O

gVOVYPAULO TUNHE TNG SYOTOUOV OV AYETOL OO TNV KOPLEN
pexpLmy amevavi mhevpd : AA=39,, BE=6,, I'Z=34,. ﬁ;
Opopog 1ooTNTAS TPLYDOVOV.

Avo tplywva Aéyovton ica Otav sxovv o K’Upla csromswc T0V¢ ioa, ONA.
AB=AE,Bl=EZ, TA=ZA, A=A, B=E, '=Z.

A
Kpirmypro woétntog tpryovov.
o Kp.1(n-n-n). Av AB=AE, B =EZ,TA=ZA,
A A
tote ABI'=AEZ. B
A A

e Kp.2(n-y-n). AvAB=AE, A=A, AT = AZ,
A A
tote ABI'=AEZ.
e Kp.3(y-m-y). Av B=E,BIr=EZ, '=Z, 16t¢ ABI'=AEZ.
Ot amodeilelg mapaleinovral.

Kpimypro w66tntog opfoymviov tprydvev.
Oewpovpe ta ophoydvia tpiyova ABI', AEZ (A =A =90 ). B

A A
e Kp.1. AvAB=AE, AI' =AZ, 161¢ ABI'=AEZ.
A~ A A
e Kp.2. AvAB=AE, B=E, 101¢ ABI'=AEZ.
A A A A
e Kp.3. AvBI'=EZ, B=E, 101¢ ABI'=AEZ.

A A
e Kp.4. AvAB=AE, Bl =EZ, AB=AEZ.
Ta mapoandve téooepa kprrnpla cuvoyilovtol ot ENG OLO :
e Kp.Op.l. Av dvo opfoydvia tpiywva £rovv VO avticTolyeg TAELPEG 1oeg, TOTE
etvan o0
e Kp.Op.2. Av dvo opfoydvia tpiymva €xovv o ovtiotolyn TAELPA ion Kot po
avtiotoyyn yovia ion, tote givon ica.




Alevk6Avver. Mmopovpe va ¥pnoIoToloVe TNV €ENG TPOTOGCT, 1) OTTO10 ATOSEIKVOETOL GE
eMONEVO KePAo : To GOPOLGHA TV YOVIDVY 0To10vdTmoTE Tprydvou eivan 180°.

A
Boowkn 1010TNTO TOV LGOGKEADV TPLYDVOV.

AB=AT & B=I (H ovvenayoyj B=T = AB=AT anodcucvie-
TOl 0€ €MOUEVO KEPAAOMO, OAAG Yo OlELKOALVOY pITopel va ypnot-
pomoteitol amd Topa).

Boowkég 1010TNTES TOV IGOGKELDV TPLYDVOV.
OewpOoVLLE TIG TAPUKAT® TECGEPIS TPOTACEL : B A r
e To tpiyovo ABI givar icookeréc (AB=AT).
e To AA givar Vyog ToV TpIydVOUL.
e To AA &ivan d14peG0G TOL TPLYDVOV.
e To AA &ivan d1yotdpog T0VL TPLYDVOL
Av 1oyvovv 600 amd TIC TAPUTAVE® TPOTAGELS, TOTE 10YVLOVY Kol Ol GAAEC dvo (OAeg Ol
TPOTAGELS amodekviovTan e N Poneta chyKpiong TpLydveV).



